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FIG. 4

PERFORM 2ND REED-MULLER CODING ON
INFORMATION DATA AND GENERATE CODEWORD

!

PERFORM EXPONENTTAL MODULATION ON
CODEWORD AND GENERATE GOLAY SEQUENCE

!

TRANSMIT GOLAY SEQUENCE
BASED ON M-QAM METHOD

!

RECEIVE GOLAY SEQUENCE
BASED ON M-QAM METHOD

!

EXTRACT CODEWORD FROM
RECEIVED GOLAY SEQUENCE

!

RESTORE INFORMATION DATA FROM CODEWORD

- 101

™ 102

- 103

- 104

™ 105

™ 106

END



US 9,130,808 B2

Sheet 4 of 8

Sep. 8, 2015

U.S. Patent

10S

$>W

J=D Y=
AH+dvﬁxmdeXNN AH+dvﬁxmdvﬁXNN A_F‘Evmu...umvmuﬁvmwv
g-u g XTJI]eW JO1BIouag
A \\ I0)e.Ioua3d 19507 U@U.OU J9[ [N-Pay
9p00 IS [NN-Pa9y I9pPJO 1ST 91eIaUaY)
60S I9p.10 pug
A
(142) 2y (D) Ly g
IT+DHXx DXL
09 N% X XNM_N ,ﬂﬁevﬁxu. .. Amvﬁxu ACHJCV n_._.l

(T YL@y

()8 JO asn Aq
UO110MNI1SU0Y) 19S1J0

JO UOT1BINULID ]

D XTIEl A__H
vamHHu 101B.19USL) JO MO uorjejnua

/

SO

70S



US 9,130,808 B2

Sheet 5 of 8

Sep. 8, 2015

U.S. Patent

9[qe] dn-3joo]
03
durpaoooe Un-- - In
071 SuIpuodsarlod

19507
(X)S +

J="D Up --«In Q.@E Up. . J4Upn W
(L+P)xy(P)ry g AH 10] 9[qel dn—yjooT AH 92.1N0S

7-w

.- In

J=D
Qtovgxﬁfgxﬂwg_m (X)s
NI

/ /

109 ¢09

9 "OId




US 9,130,808 B2

Sheet 6 of 8

Sep. 8, 2015

U.S. Patent

Y=
(X)s+ QEExQEmeu@

q+e

7-w

ny (P) Ly

D

0=D
_;mwu&

T-w

$198]J0
suIpnjoul
S9POd IS [N{-PaaY
I9pIO pug JO JI9pe9]
]9S00 QY] 9S00Yd
S1Iq T-W 1SI1y
Un I-Wn...nin

: nding
0 XII)R[| JOJe.Iauay)
9P0Od I3 [NKY
—Po9y J9pJO 1IST
QS e . N+ES H+ES
: SUTWOdU |

L

Un«..UnI-Un...2nln
In 92.anog

LD

Up...gtlin I+Un




US 9,130,808 B2

Sheet 7 of 8

Sep. 8, 2015

U.S. Patent

fmm mﬁm+_<MmN,v

<

B

=19
[

(¥ +y1 ) ﬁ@ud
uhl

UOT 1R [MPOK
WvD-91

8 DI

(X)s

J=10

(Lep)ax (M) 2y T 7

7-W

i

$1981]0
suipnjoul
$9p0J Ia] [N[{-Pa9y
I9pJO puyz JO I9ped]
]9S00 3Y] 2S00YD
S1Iq [-W )SI1y
Un - .. énin

0=D
ny (M) Eydn "L

[-w

(" .- et Tty o

- Inding
0 XTI1e| JOJe.Iauar)
PO I [N
—pa9y I9pIO 18T
Ej e N+E3 H+EjEj
: 3UTWOdU]

L




U.S. Patent Sep. 8, 2015 Sheet 8 of 8 US 9,130,808 B2

FIG. 9

2SI
SIOSIE




US 9,130,808 B2

1

APPARATUS AND METHOD FOR
COMMUNICATION USING NEAR GOLAY
SEQUENCE

CROSS-REFERENCE TO RELATED
APPLICATION(S)

This application is a U.S. national stage application under
35 USC 371 of International Application PCT/KR2008/
005438, filed on Sep. 12, 2008, which claims the benefit of
Korean Patent Application No. 10-2007-0093862, filed on
Sep. 14, 2007, in the Korean Intellectual Property Office, the
entire disclosures of which are both incorporated herein by
reference for all purposes.

BACKGROUND

1. Field

The following description is related to a communication
apparatus using Golay sequences and a data transmission/
reception method thereof.

2. Description of Related Art

In an Orthogonal Frequency Division Multiplexing
(OFDM) communication system, because a data stream is
truncated to a plurality of sub data streams and the sub data
streams are transmitted in parallel through sub-carriers, fre-
quency selective fading and narrow-band interference can be
alleviated. Thus, a large amount of data may be transmitted
through sub-carriers.

Because an OFDM communication system has excellent
performance in multipath and mobile communication envi-
ronments, it has been used in wireless local area networks
(WLANSs), in wireless communication systems for digital
broadcasts, and the like.

However, the OFDM communication system has several
disadvantages. For example, a peak to average power ratio
(PAPR) or peak-to-mean envelope power ratio (PMEPR) may
be relatively high due to successive combinations of sub
channels. The PAPR corresponds to a ratio of peak to average
power ratio of multicarriers, and signals having a high PAPR
deteriorate the power efficiency of an amplifier and hinder the
orthogonality of data modulated by the sub carriers, resulting
in reduced transmission efficiency.

Representative methods for reducing the PAPR include a
method for clipping a part of a signal where the peak power
appears through a filter, a method of multiplying codewords
by weights for lowering the peak value for each region, and
the like.

However, in the example of the clipping method, because
some parts of signals are truncated, the signals may be dis-
torted or out-of-band frequency characteristics may deterio-
rate. Also, in the example of the method of multiplying the
codewords by the weights, because the weights have to be
calculated for each region, additional pre-processing is
needed and also there is inefficiency of having to transmit the
calculated weights to a receiver.

Furthermore, because codewords are random, the above-
described methods have a disadvantage in that PAPR reduc-
tion is not sufficient although the generation possibility of
data distortion is reduced statistically.

SUMMARY

Other features and aspects may be apparent from the fol-
lowing description, the drawings, and the claims.

BRIEF DESCRIPTION OF DRAWINGS

FIG. 1 is a diagram illustrating an example of a communi-
cation system.
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2

FIG. 2 is a diagram illustrating an example of a transmitter.

FIG. 3 is a diagram illustrating an example of a receiver.

FIG. 4 is a flowchart illustrating an example of a data
transmission/reception method.

FIG. 5 is a diagram illustrating an example of a process for
generating a generator, cosets, and offsets.

FIG. 6 is a diagram illustrating an example process of
coding data.

FIG. 7 is a diagram illustrating an example of the commu-
nication system illustrated in FIG. 1 incorporating a Quadra-
ture Phase Shift Keying (QPSK) scheme.

FIG. 8 is a diagram illustrating an example of the commu-
nication system illustrated in FIG. 1 incorporating a Quadra-
ture amplitude modulation (QAM) scheme.

FIG. 9 is a diagram illustrating an example of the constel-
lation of 64-QAM sequences.

Throughout the drawings and the description, unless oth-
erwise described, the same drawing reference numerals
should be understood to refer to the same elements, features,
and structures. The relative size and depiction of these ele-
ments may be exaggerated for clarity, illustration, and con-
venience.

DESCRIPTION

The following description is provided to assist the reader in
gaining a comprehensive understanding of the methods,
apparatuses, and/or systems described herein. Accordingly,
various changes, modifications, and equivalents of the meth-
ods, apparatuses, and/or systems described herein may be
suggested to those of ordinary skill in the art. Also, descrip-
tions of well-known functions and constructions may be
omitted for increased clarity and conciseness.

FIG. 1 illustrates an example of a communication system.

Referring to the example shown in FIG. 1, the communi-
cation system 100 includes a transmitter 101 and a receiver
102. The transmitter 101 may be included in a terminal, a base
station, and the like. Also, the receiver 102 may be included in
a terminal, a base station, and the like.

The transmitter 101 modulates data and transmits the
modulated data to the receiver 102, and the receiver 102
demodulates the modulated data and restores the original
data. A communication method used by the transmitter 101
and receiver 102 may be, for example, an M-level quadrature
amplitude modulation (M-QAM) method, where ‘M’ is a
value defined as 2%, and where ‘n’ is a whole number.

The transmitter 101 may generate signals in the form of
Golay sequences. Such Golay sequences may be generated by
performing 2" order Reed-Muller coding on data to generate
codewords and performing exponential modulation on the
codewords.

The receiver 102 receives signals in the form of Golay
sequences, extracts codewords from the Golay sequences,
and restores data from the codewords.

FIG. 2 illustrates an example of a transmitter.

Referring to the example shown in FIG. 2, the transmitter
101 includes a transducer 201, an analog-digital converter
202, an encoder 203, a modulator 204, and a transmitting unit
205.

Data from the transducer 201 is converted into a digital
signal via the analog-digital converter 202. The data con-
verted into the digital signal is coded by the encoder 203. That
is, the encoder 203 generates codewords corresponding to the
data. The codewords are input to the modulator 204, and the
modulator 204 modulates the codewords and generates a
modulation signal. The modulation signal is transmitted to
the receiver 102 (see FIG. 1) by the transmitting unit 205.
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Referring to FIG. 2, the encoder 203 may generate the
codewords by performing 2"¢ order Reed-Muller coding on
the data. Also, cosets and offsets of the 2”¢ order Reed-Muller
coding may be calculated based on permutations of the 1%
order Reed-Muller generator. The encoder 203 may generate
the codewords using a 1% order Reed-Muller generator, and
may generate the codeword using cosets and offsets of 277
order Reed-Muller codes that are calculated based on permu-
tations of the 1°* order Reed-Muller generator.

Also, the offsets of the 2”¢ order Reed-Muller codes cal-
culated based on the permutations of the 1% order Reed-
Muller generator may be linear or non-linear offsets.

The linear offsets may be generated by linearly combining
permutations of the generator vectors of specific 1% order
Reed-Muller codes and specific linear combination of the
permutations. That is, the linear offsets may be generated by
linearly combining the permutations for the 1* order Reed-
Muller generator. Also, the linear offsets may be a monoid.

By generating the codewords using the linear offsets,
grouping the codewords to several symbol groups according
to a predetermined modulation method, and performing
exponential modulation on the symbol groups, each symbol
group will consist of a series of symbols having a constant
length that becomes a near Golay sequence, and the PAPR of
transmission signals may be reduced.

Nonlinear offsets may be generated by nonlinearly com-
bining the permutations of the 1% order Reed-Muller genera-
tor. For example, the nonlinear offsets may be generated by
linearly combining specific 1* order Reed-Muller generator
vectors, linearly combining different 1°* order Reed-Muller
code generator vectors, and multiplying or adding the linear
combinations of the 1* order Reed-Muller generator vectors.

By generating codewords using nonlinear offsets and per-
forming exponential modulation on the codewords to thus
generate Golay sequences, a large number of Golay
sequences may be generated and the code rate may be
increased.

From a mathematical point of view, this process combines
generator vectors for generating codewords so that there are
QAM sequences having aperiodic autocorrelation functions
with opposite polarities. For example, if aperiodic autocorre-
lation functions obtained after exponential modulation are
+3, =2, +7, the inverse polarities of the aperiodic autocorre-
lation functions will be -3, +2, =7. That is, various generators
may be generated using linear transform through permuta-
tions and linear combinations described above, linear trans-
form (for example, x—>ax+b) on permutations of the 1% order
Reed-Muller generator, the product of linear transforms on
permutations of different generator vectors, and/or nonlinear
transform through permutations of specific 1 order Reed-
Muller codes and linear combinations of the permutations.

The modulator 204 generates a near Golay complementary
sequence whose exponents are the codewords generated by
the encoder 203. When there are QAM sequences having the
same length and whose aperiodic autocorrelation functions
have opposite polarities, the QAM sequences correspond to
Golay sequences. Near Golay complementary sequences cor-
respond to two sequences whose polarities are nearly inverse.

The Golay sequences generated in this manner may be
used to reduce the PAPR in a QAM communication method,
or used as signature sequences in CDMA.

Also, Golay sequences may be used in a transmission/
reception technology between a terminal and base station
based on the pico/femto cell scenario which corresponds to
next generation communication technology.

The operation of the encoder 203 and modulator 204 are
described below using the following example equations.
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4

In this example, a process of generating a 64-QAM Golay
sequence is described below.

The encoder 203 may generate codewords A(x), a(x), and
a(x) for received data, as shown in Equation (1).

AX)=2%, 1m71xn(k)xn(k+1 iy TCRRtC
a@=A@+sP @)

@ =A@+HP @) ey
Referring to Equation (1), C, C, represents the information
data, x represents a 1> order Reed-Muller generator, 7 repre-
sents permutation, and m may be set to a proper value which
determines the length of a codeword (for example, the length
of'a codeword=2").
Also, an offset s(x) may be one of the following values and
may be a monoid for addition. Examples of offset groups are
shown in Equation (2) as follows:

Case [: 2)
(M), sP(x) = (do + di X1y df + diXn1))i
Case II:
(@), s @) = (do + ditngmy, df + djXem))s
Case III:
(. 5P =
(do + diXpp) + daXnowrt)y S df + A Xgow) + B3 Xnpeen))
with
2do +dy +dp =0,
2dy +di +d5 =0,
2=sw=m-1;
Case V:
(@), sP@) = (do + d Xngn-1) + daXn(my» b + @ Xnm)s
with
2dy+dy +dp =0,

2} + df = 0.

The modulator 204 performs exponential modulation on
the codewords A(X), a(x), and a(x), generated from Equation
(1), and generates a sequence C, as shown in Equation (3).

Ci=YInE™ + g +ragi] @

where

£z PPy = it

4 2 1
===, ==,
V21 V21 V21

FIG. 9 illustrates an example of the constellation of
64-QAM sequences generated in the above-described man-
ner, wherein coefficients constructing each 64-QAM
sequence are positioned symmetrically so that they may be
used as a 64-QAM signal in an Orthogonal Frequency Divi-
sion Multiplexing (OFDM) communication system.

The above-described embodiment corresponds to the case
of generating 64-QAM Golay sequences, but generating
M-QAM (M>64) Golay sequences is also possible (for
example, M=2%").



US 9,130,808 B2

5

In this example, the encoder 203 generates three or more
codewords. If codewords are assumed to be y"(x) through
y"(x), they may be represented as shown in Equation (4).

m—=1 m (4)
yw) = ZZ X\ Xm(+1) + Z CuXp + ¢
=1 =1

¥ @) =y + M)

¥ =y + P )
¥ ) = Y@ + ")

In the example where a M-QAM (M>64) Golay sequence
is generated, offsets SM(x), sP(x), . . ., S” (x) used for
generating codewords may be generated by selecting a part of
the offsets represented by Equation (4) and combining the
selected offsets. For example, in Equation (4), y*(x) is a sum
of the first codeword y**(x) and s®’(x). For example, if offset
group Case | is selected from among the offset groups of Case
Ithrough Case V shown in Equation (2), s(x) may be one of
d0+d1xﬂ(1 and d'g+d' X0

Also, if n codewords are generated as described above, the
modulator 204 may generate a Golay sequence according to
the following Equation (5).

(2>)

(1) 21y (3)
Ci=7r1(22n)§y" +r )

(2) 22
e wry e (™)

+...+m

g @

where

@
n=1

Z 22i
i=0

The method described above with reference to Equations
(1) through (5) corresponds to the example of generating a
Golay sequence using linear offsets, but generating Golay
sequences using nonlinear offsets is also possible.

For example, when a 16-QAM near Golay sequence is
generated using nonlinear offsets, the encoder 203 may gen-
erate codewords A(x) and a(x) as shown in Equation (6).

=l y=el, =

m-2 m-1 (6)
Alx) = ZZ X Xn(i+1) + Z CiXa(p) + €,
=0 =0
@(x) = A(x) + aln(o), Xa(1y))(1 = X)) +
k-1

b(Xp(0)> Xu(1)) Xty = ZZ X Xrqe1) + 1
=y

In the codeword a(x) of Equation (6), the remaining terms,
except for the term A(x), correspond to offsets. In this
example, the offsets are made by nonlinear combinations of
the permutations of the 1% order Reed-Muller generator.

For example, the nonlinear offsets used in Equation (6)
may be expressed as shown in Equation (7).

a (x'n:(O)’xn:(l )) =2X 0/ (1)
M

Also, the modulator 204 may generate the following Golay
sequence as shown in Equation (8), by performing exponen-
tial modulation on the codewords A(x) and cu(x) represented
by Equation (6).

DX 0% (1) =2 (0 15 2 X0y X 1)
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C; = y(ri €% + ryé®), where (8)

i in
ry, rp are elements of the set R,y =e4,é=e2

As seen in Equation (8), by performing 2”4 order Reed-
Muller coding on information data to generate codewords,
and performing exponential modulation on the codewords to
generate a Golay sequence optimized for a predetermined
modulation method, the peak power of signals may be
reduced and errors appearing as noise in communication
channels may be corrected based on the use of error correc-
tion codes. In addition, due to the use of nonlinear offsets, a
code rate may also be improved.

FIG. 3 illustrates an example of a receiver.

Referring to FIG. 3, the receiver 102 includes a tuner 301,
a digital-analog converter 302, a demodulator 303, and a
decoder 304.

For example, a signal transmitted from the transmitter 101
(see FIG. 2) is received by the tuner 301 and then passes
through the digital-analog converter 302, thereby restoring a
Golay sequence which has been generated by the transmitter
101. The Golay sequence was created by performing expo-
nential modulation on codewords, and the codewords may be
extracted from the Golay sequence by the demodulator 303.
The extracted codewords are input to the decoder 304, and the
decoder 304 restores original data from the codewords.

In FIG. 3, the demodulator 303 and decoder 304 respec-
tively correspond to the modulator 204 and encoder 203 illus-
trated in FIG. 2. For example, the demodulator 303 and
decoder 304 can perform the reverse processes of coding and
modulating described above with reference to FIG. 2.

For example, the decoder 304 may restore data using a
parity matrix of 2”¢ order Reed-Muller codes or using itera-
tive detection. Also, the demodulator 303 may perform expo-
nential demodulation which is the reverse process of the
exponential modulation described above, thereby extracting
codewords from the Golay sequence.

FIG. 4 illustrates an example of a data transmission/recep-
tion method.

Referring to FIG. 4, in 101, 2"? order Reed-Muller coding
is performed on data, to generate codewords. For example,
the codewords may be generated using a 1% order Reed-
Muller generator, and cosets and offsets of 2"¢ order Reed-
Muller codes calculated based on permutations of the 1%
order Reed-Muller generator. Also, the offsets may be linear
offsets which are generated by linearly combining permuta-
tions of the 1% order Reed-Muller generator, or nonlinear
offsets which are generated by nonlinearly combining per-
mutations of the 1% order Reed-Muller generator. Examples
of the 2"¢ order Reed-Muller coding have been described
above with reference to Equations (1), (2), (4), and (6). Also,
the offsets may be represented, for example, as shown in
Equations (2) and (7).

In102, by performing exponential modulation on the code-
words, a Golay sequence is generated. The Golay sequence
may be anear Golay complementary sequence, and details for
the exponential modulations may be expressed by the above
Equations (3) and (5).

In 103, the Golay sequence is transmitted based on the
M-QAM method. 101, 102, and 103 may be performed by a
transmitter, for example, the transmitter 101 illustrated in
FIG. 2.

In 104, the Golay sequence transmitted based on the
M-QAM method is received by a receiver, for example, the
receiver 102 illustrated in FIG. 3.
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In 105, codewords are extracted from the Golay sequence.
For example, by performing exponential demodulation thatis
the reverse process of operation 102, codewords may be
extracted from the Golay sequence.

Finally, in 106, data is restored from the extracted code-
words. For example, the data may be restored using a parity
matrix of the 2”¢ order Reed-Muller codes or using iterative
detection.

104, 105 and 106 may be performed by a receiver, for
example, receiver 102 illustrated in FIG. 3.

FIG. 5 illustrates an example of a process for generating a
1°* order Reed-Muller generator and cosets and offsets of 277
order Reed-Muller codes, which may be used to generate
codewords.

Referring to FIG. 5, the 1% order Reed-Muller generator
501, and the cosets 502 and offsets 503 of the 2”7 order
Reed-Muller codes, are used as encoding factors to encode
data. Also, the cosets 502 and offsets 503 are obtained using
specific permutation 504 of the 1°* order Reed-Muller gen-
erator 501.

The process illustrated in FIG. 5 may be performed by an
encoder, for example, the encoder 203 in FIG. 2 which is a
pre-processor.

FIG. 6 illustrates an example process of coding data. FIG.
6 illustrates an example of coding using a lookup table.

InFIG. 6, Source means data. Also, reference numbers 601
and 602 respectively represent cosets and offsets generated in
the previous process (see FIG. 5). For example, if data is
U,u,... U, U ..U,,dataU, ... U, may be taken from

m~m+l *
thedataU,U,...U, U .. U, and mapped to a sum of the

m-m+l "
to of the corresponding 2" order Reed-Muller coset and
offset s(x).

In FIG. 6, k corresponds to the number of the cosets 601
and offsets 602. Also, m is the integer part of a value obtained
by taking the log of the value k.

FIG. 7 illustrates an example of the communication system
illustrated in FIG. 1 incorporating a Quadrature Phase Shift
Keying (QPSK) communication scheme, and FIG. 8 illus-
trates an example of the communication system illustrated in
FIG. 1 incorporating a Quadrature amplitude modulation
(QAM) communication scheme.

Referring to FIGS. 7 and 8, codewords are created using
the cosets and offsets of the 2”¢ order Reed-Muller codes
generated from the predetermined combinations of the 1%
order Reed-Muller generators, and a near Golay sequence is
generated by performing exponential modulation on the
codewords. Other details for this process have been described
above with reference to the related equations, thus, a descrip-
tion thereof is omitted.

Therefore, the methods described herein may be applied to
technologies to achieve PAPR reduction, error collection, and
a high transmission rate, in a multicarrier communications
environment.

The communication system and method described herein
may achieve peak to average power ratio (PAPR) reduction,
error correction, and a high transmission rate, in a multicar-
rier communications environment.

A communication apparatus, such as a transmitter, may
include an encoder for performing 2°¢ order Reed-Muller
coding on data and generating a codeword. The transmitter
may also include a modulator for performing exponential
modulation on the codeword, thus generating a near Golay
complementary sequence.

A communication apparatus, such as a receiver, may use a
near Golay sequence, including a demodulator for receiving a
signal modulated in a form of a Golay sequence and perform-
ing exponential demodulation on the received signal, thus
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extracting a codeword from the Golay sequence. The receiver
may also include a decoder restoring original information
data from the codeword.

According to the above-described examples, because sig-
nals modulated in the form of near Golay complementary
sequences are used in a communication system, a peak to
average power ratio (PAPR) of signals can be reduced. Also,
because 2"/ order Reed-Muller coding is used in modulating
signals, error correction is possible. Also, various offsets may
be used in generating codewords, and a code rate may be
increased in a high-level modulation communications envi-
ronment.

The methods described above may be recorded, stored, or
fixed in one or more computer-readable storage media that
includes program instructions to be implemented by a com-
puter to cause a processor to execute or perform the program
instructions. The media may also include, alone or in combi-
nation with the program instructions, data files, data struc-
tures, and the like. Examples of computer-readable storage
media include magnetic media, such as hard disks, floppy
disks, and magnetic tape; optical media such as CD ROM
disks and DVDs; magneto-optical media, such as optical
disks; and hardware devices that are specially configured to
store and perform program instructions, such as read-only
memory (ROM), random access memory (RAM), flash
memory, and the like. Examples of program instructions
include machine code, such as produced by a compiler, and
files containing higher level code that may be executed by the
computer using an interpreter. The described hardware
devices may be configured to act as one or more software
modules in order to perform the operations and methods
described above, or vice versa. In addition, a computer-read-
able storage medium may be distributed among computer
systems connected through a network and computer-readable
codes or program instructions may be stored and executed in
a decentralized manner.

As a non-exhaustive illustration only, the terminal device
described herein may refer to mobile devices such as a cellu-
lar phone, a personal digital assistant (PDA), a digital camera,
a portable game console, and an MP3 player, a portable/
personal multimedia player (PMP), a handheld e-book, a
portable lab-top personal computer (PC), a global positioning
system (GPS) navigation, and devices such as a desktop PC,
a high definition television (HDTV), an optical disc player, a
setup box, and the like capable of wireless communication or
network communication consistent with that disclosed
herein.

A computing system or a computer may include a micro-
processor that is electrically connected with a bus, a user
interface, and a memory controller. It may further include a
flash memory device. The flash memory device may store
N-bit data via the memory controller. The N-bit data is pro-
cessed or will be processed by the microprocessor and N may
be 1 or an integer greater than 1. Where the computing system
or computer is a mobile apparatus, a battery may be addition-
ally provided to supply operation voltage of the computing
system or computer.

It will be apparent to those of ordinary skill in the art that
the computing system or computer may further include an
application chipset, a camera image processor (CIS), a
mobile Dynamic Random Access Memory (DRAM), and the
like. The memory controller and the flash memory device
may constitute a solid state drive/disk (SSD) that uses a
non-volatile memory to store data.

A number of examples have been described above. Never-
theless, it should be understood that various modifications
may be made. For example, suitable results may be achieved
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if the described techniques are performed in a different order
and/or if components in a described system, architecture,
device, or circuit are combined in a different manner and/or
replaced or supplemented by other components or their
equivalents. Accordingly, other implementations are within
the scope of the following claims.
What is claimed is:
1. A communication apparatus comprising:
an encoder configured to
generate a coset of a 2”% order Reed-Muller code, the
coset comprising a summation of nonlinear combina-
tions of permutations of a 1°* order Reed-Muller gen-
erator,
generate nonlinear offsets of the 2°¢ order Reed-Muller
code, each of the nonlinear offsets comprising a non-
linear combination of the permutations of the 1% order
Reed-Muller generator, and
generate a codeword based on the coset and the nonlin-
ear offsets to encode data; and
amodulator configured to perform exponential modulation
on the codeword to generate a near Golay complemen-
tary sequence.
2. The communication apparatus of claim 1, wherein the
encoder is further configured to:
generate a linear offset of the 2"/ order Reed-Muller code
based on the permutations of the 1* order Reed-Muller
generator; and
generate the codeword based on the coset and the linear
offset.
3. The communication apparatus of claim 2, wherein the
encoder is further configured to:
linearly combine the permutations of the 1°* order Reed-
Muller generator to generate the linear offset.
4. The communication apparatus of claim 2, wherein the
linear offset is a monoid for addition.
5. The communication apparatus of claim 1, wherein the
modulator is further configured to:
generate the near Golay complementary sequence based on
an M-level quadrature amplitude modulation (M-QAM)
method.
6. A communication apparatus using a near Golay
sequence, the apparatus comprising:
a demodulator configured to
receive a signal modulated in a form of a Golay
sequence, and
perform exponential demodulation on the signal to
extract a codeword from the signal; and
adecoder configured to restore original data from the code-
word,
wherein the signal is generated by
generating a coset of a 2"/ order Reed-Muller code, the
coset comprising a summation of nonlinear combina-
tions of permutations of a 1% order Reed-Muller gen-
erator,
generating nonlinear offsets of the 2 order Reed-
Muller code, each of the nonlinear offsets comprising
a nonlinear combination of the permutations of the 1%
order Reed-Muller generator, and
generating the codeword based on the coset and the
nonlinear offsets to encode the original data.
7. The communication apparatus of claim 6, wherein:
the signal modulated in the form of the Golay sequence is
a near Golay complementary sequence; and
the signal is further generated by
generating a linear offset of the 2"/ order Reed-Muller
code based on the permutations of the 1°* order Reed-
Muller generator,
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generating the codeword based on the coset and the
linear offset, and
performing exponential modulation on the codeword to
generate the near Golay complementary sequence.
8. The communication apparatus of claim 6, wherein the

decoder is further configured to:

decode the original data based on a parity matrix of the 2"¢
order Reed-Muller code.
9. The communication apparatus of claim 6, wherein the

19" decoder is further configured to:
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decode the original data based on iterative detection.

10. A data transmission method comprising:

generating, by using at least one computer processor con-
nected to a transmitter, a coset of a 2”¢ order Reed-
Muller code, wherein the coset comprises a summation
of nonlinear combinations of permutations of a 1% order
Reed-Muller generator;

generating, by using the at least one computer processor
connected to a transmitter, nonlinear offsets of the 2%
order Reed-Muller code, wherein each of the nonlinear
offsets comprises a nonlinear combination of the permu-
tations of the 1** order Reed-Muller generator;

generating, by using the at least one computer processor
connected to a transmitter, a codeword based on the
coset and the nonlinear offsets, in order to encode data;
and

performing, by using the at least one computer processor
connected to a transmitter, exponential modulation on
the codeword, in order to generate a near Golay comple-
mentary sequence;

transmitting, by using the transmitter, a transmission
including the near Golay complementary sequence.

11. The data transmission method of claim 10, further

comprising:

generating, by using the at least one computer processor
connected to a transmitter, a linear offset of the 27 order
Reed-Muller code based on the permutations of the 1%
order Reed-Muller generator; and

generating, by using the at least one computer processor
connected to a transmitter, the codeword based on the
coset and the linear offset.

12. The data transmission method of claim 11, further

comprising:

linearly combining, by using the at least one computer
processor connected to a transmitter, the permutations of
the 1°? order Reed-Muller generator, in order to generate
the linear offset.

13. The data transmission method of claim 11, wherein the

50 linear offset is a monoid for addition.

55

60

14. The data transmission method of claim 10, wherein the

performing of the exponential modulation comprises:

generating, by using the at least one computer processor
connected to a transmitter, the near Golay complemen-
tary sequence, based on an M-level quadrature ampli-
tude modulation (M-QAM) method.
15. A data receiving method comprising:
receiving a signal modulated in a form of a Golay
sequence;
performing exponential demodulation on the signal to
extract a codeword from the signal; and
restoring data from the codeword,
wherein the signal is generated by
generating a coset of a 2"¢ order Reed-Muller code, the
coset comprising a summation of nonlinear combina-
tions of permutations of a 1** order Reed-Muller gen-
erator,
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generating nonlinear offsets of the 2 order Reed-
Muller code, each of the nonlinear offsets comprising
a nonlinear combination of the permutations of the 1%
order Reed-Muller generator, and
generating the codeword based on the coset and the
nonlinear offsets to encode data.
16. The data receiving method of claim 15, wherein:
the signal modulated in the form of the Golay sequence is
a near Golay complementary sequence; and
the signal is further generated by
generating a linear offset of the 2"/ order Reed-Muller
code based on the permutations of the 1°* order Reed-
Muller generator,
generating the codeword based on the coset and the
linear offset, and
performing exponential modulation on the codeword to
generate the near Golay complementary sequence.
17. The data receiving method of claim 15, wherein the
restoring of the data comprises:
decoding the data based on a parity matrix of the 2”4 order
Reed-Muller code.
18. The data receiving method of claim 15, wherein the
restoring of the data comprises:
decoding the data based on iterative detection.
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19. The communication apparatus of claim 1, wherein the
encoder is further configured to
generate the nonlinear offsets based on the following equa-
tions:

a (xn(oyxn( 1)):295::(0)’%:( 1

D (X0 X 1)) = 2% 0 1y F 2 X0y T X1

wherein a and b denote the nonlinear offsets, and x,, and
X1y denote the permutations of the 1% order Reed-
Muller generator.

20. The data transmission method of claim 10, further

comprising:

generating, by using the at least one computer processor
connected to a transmitter, the nonlinear offsets based on
the following equations:

a (xn(oyxn( 1)):2xn(oyxn( i)

D0y Xt 1)) 2% 0 e 157 2% g0yt X1y

wherein a and b denote the nonlinear offsets, and x,, and
X,y denote the permutations of the 1* order Reed-
Muller generator.
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